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In an e a r l i e r a r t i c l e [ l ] the author has d i scussed in detail the p r o p e r t i e s 

of a se t of polynomials B (x) and b (x). It has been shown that [2 J, 

Bn(x) = U(x + 2 + \ / x 2 + 4 x ) / 2 i n + 1 _ | ( x + 2 - \ /(x2 + 4 x ) / 2 l n + 1 l / V ( x 2 + 4x) 

Put t ing x = 1 and simplifying we can show that 

( la) B (1) = F ^ 
n 2n+2 

th where F i s the n Fibonacci number . n 
Hence, 

(lb) b (1) = B (1) - B (1) = F o ^ - F 0 = F 0 ^ nx ' re / n - i 2n+2 2n 2n+i 

We shal l now use ( l ) and the p rope r t i e s of B and b to es tab l i sh some 

in te res t ing Fibonacci ident i t ies : 

It has been shown that [ l ] , 
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and 
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F r o m (1) and (2) we can es tab l i sh that 

(4) 
m - i n- t 

m-2r n-2r 
F F 

m-2 r - i n -2 r - l 

and f rom (1) and (3) that 
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(5) 
F F m n 
F F m-2 n-2 

F 
m-2r n-2r 

F F 
m-2r-2 n-2r-2l 

Using equations (33)-(37) of [1 ] we may deduce that [ 3 ] , 

(6) 

F 2 + F 6 + 
F i + F 5 + 

+ F 4 
+ F 

4n-2 
4n-3 

Fo + F 7 + • • - + F 
4n-l 

F 4 + F 8 + + F 
4n 

F2 
2n 

F F 2n-i 2n 
F F 2n 2n+i 
F F 2n 2n+2 

F r o m (33)-(37) of [1 ] we may es tab l i sh the ident i t ies 

and 

(x2 + 4x) y B2 = Bn , n - (2n + 3) x ' L-j r 2n+2 v ' 

(X2 + 4 X ) V B B = B f t l - (n + 2)(x + 2) L*i r r+i 2n+3 

(x2 + 4 x ) V b B = b 0 + (n + l )x - 1 v Z-* r r 2n+2 v 

(x2 + 4x)]Tb2
r = B2n+1+ 2(n + 1) 

F r o m the above ident i t ies and (1) we can deduce that 

(7) 

(8) 

5(F 2 F 4 + F 4 F 6 + F F ) 2n-2 2n' 

5 ( F t F 2 + F 3 F 4 + . . . + F 2 n l F 2 n ) 

F, - 3n 4n 

F L + (n - 1) 4n+i v ' 
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0) 5(F* + F | + . . . + F ^ ) = F 4 n + 2n 

and 

(10) 5(F2
2 + F* + •••. + F ^ ) = F 4 n + 2 - (2n + 1) 

Combining the identities of (9) and (10) we get 

(11) 5(F* + F* + - . + F*) = F 2 n + 2 + F 2 n + ( - l ) n + 1 

Also, we have the well-known identity, 

(12) F? + F 2 + • • - + F 2 = F F ^ x ; 1 2 n n n+1 

Hence f r o m (11) and (12) we get 

<13> F2r*2 + F2n " 5 F n + l F n = W* 

From (14) and (31) of reference [1] we have the results, 

(14) B 2 - B ^ B - = 1 
v ; r r+1 r - 1 

and 

(15) b B •- b ^ - B - = 1 ^ ; r r r+1 r - 1 

Therefore, ( B r / b ^ ) - ( B ^ / b r ) = l / ( b r b r + 1 ) . Hence, 

^ n - l V + ^ V l > + ' " + ( l / b lV = (Vl/bn> " < W 

Since B 0 = bQ = 1, we may write this result as , 

n . 

E (l/b b - ) = (B - 7 b ) 
1 
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Therefore 
n 

(16) (B n /b n ) = 1-+ ( B n ^ / b n ) = 1 + X > / b r b r - l > 
1 

Similarly starting with (14) we can establish that 

(17) (b /B ) = 1 - V (1/B B , ) x n i r Z-/ * r r - 1 7 

1 

Combining the identities (16) and (17) we have, 

(18) 
I n I ( n 

J1 + £ d/brbr^) 1 " D (VBr Br-1) 
i M i ' 

Substituting (1) in (18) we derive an interesting result that 

(19) 1 + 17 -p 
2n-l 2n+l 

-E F F *2n 2n+2 
= 1 

Many other interesting Fibonacci identities may be established using the 
properties of B and b , and it is left to the reader to develop these identities. 
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